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Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



y = c 	áÓ x = g(y) ú
	

æj
	
JÖÏ @ Èñ£

	
àA




	
¯ . x = g(y) A

	
JK
YË

	
àA¿ @

	
X @



É
�
JÖÏ AK. ð

: 	áÓ ù¢ªK
 y = d ú


Í@



L(g) = ∫
d

c

√

1 + [g ′(y)]2dy .

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



. x = 27 úÍ@


x = 8 	áÓ f (x) = 3x

2
3 − 10 ú

	
æj

	
JÖÏ @ Èñ£ I. �k@



@: ÈA

�
JÓ

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



. r AëQ¢
�
¯

	
­�

	
� ð É�B@

�
é¢

�
®

	
K Aë 	Q»QÓ ú




�
æË @

�
èQ



K @YË@ ¡J
m

× I. �k


@ : ÈA

�
JÓ

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



:
	
à@PðYË@ i¢�

�
ékA�Ó )1(

�
èQ

�
�
	
®Ë @ úÎ« ÉÓA¾

�
JÊË

�
éÊK. A

�
¯

�
éÊ�

�
JÓ

�
éË @X y = f (x) ≥ 0

�
éË @YË@ A

	
JK
YË

	
àA¿ @

	
X @



[a,b]
�
èQ

�
�
	
®Ë @ úÎ« x Pñm× Èñk y = f (x) 	

à@PðYK. A
	
JÔ

�
¯ ñË é

	
KA



	
¯ . [a,b]

	
à@PðYË@ i¢� úÎ« É�j

	
J�

	
¯

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



:
�
éK
Q

	
¢

	
�

�
èQ

�
�
	
®Ë @ úÎ« ÉÓA¾

�
JÊË

�
éÊK. A

�
¯ð

�
éÊ�

�
JÓ

�
éË @X y = f (x) ≥ 0

�
éË @YË@ A

	
JK
YË

	
àA¿ @

	
X @



y = f (x) 	
à@PðX 	áÓ l .

�
�
'A

	
JË @ð S 	

à@PðYË@ i¢�
�
ékA�Ó

	
àA

	
¯ . [a,b]

: 	áÓ ù¢ªK
 x Pñm× Èñk

S = 2π∫
b

a
f (x)

√

1 + [f ′(x)]2dx = 2π∫
b

a
y

√

1 + (

dy

dx
)
2dx .

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



:
�
éK
Q

	
¢

	
�

�
èQ

�
�
	
®Ë @ úÎ« ÉÓA¾

�
JÊË

�
éÊK. A

�
¯ð

�
éÊ�

�
JÓ

�
éË @X y = f (x) ≥ 0

�
éË @YË@ A

	
JK
YË

	
àA¿ @

	
X @



y = f (x) 	
à@PðX 	áÓ l .

�
�
'A

	
JË @ð S 	

à@PðYË@ i¢�
�
ékA�Ó

	
àA

	
¯ . [a,b]

: 	áÓ ù¢ªK
 x Pñm× Èñk

S = 2π∫
b

a
f (x)

√

1 + [f ′(x)]2dx = 2π∫
b

a
y

√

1 + (

dy

dx
)
2dx .

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



:
�
é

	
¢kCÓ

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



y =

√

x
�
éË @YË@

	
àAJ
K.

	
à@PðX 	áÓ 
úæ

�
�A

	
JË @ i¢�Ë@

�
ékA�Ó I. �k



@ : ÈA

�
JÓ

. x Pñm× Èñk [1,4]
�
èQ

�
�
	
®Ë @ úÎ«

Dr. Nasser Bin Turki Applications of The Integral ÉÓA¾
�
JË @

�
HA

�
®J
J.¢

�
� Math 111 Lecture 25



Thanks for listening .
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